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Abstract: In this paper, multiplicative triple Fibonacci sequences  have been discussed. Here the 

results obtained by Singh et.al [3] have been extended. Some new theorems have been established. 

Introduction: 

Fibonacci sequences and their generalizations have several interesting properties. They have 

applications in several fields of science. The applications have been given in Koshy's book 

[9]. 

Atanassov ,first introduced the concept of coupled Fibonacci sequences in 1985. 

 
The triple Fibonacci sequence is the generalization of coupled Fibonacci sequence. Lee 

& Lee [4] introduced additive triple Fibonacci sequence .They discussed several specific schemes 

and derived recurrent relations. Atanassov introduced new ideas for additive triple Fibonacci 

sequence. Singh & Sikhwal [1], [2] discussed multiplicative coupled Fibonacci sequences and 

additive triple Fibonacci sequences. Singh et. al [3] presented some result of multiplicative triple 

Fibonacci sequences under the specific schemes. They established some theorems related to 

multiplicative triple Fibonacci sequences. In this note some new theorems have been established. 

Multiplicative Triple Fibonacci Sequences: 

Let  ,  and  be three infinite sequences and six arbitrary real numbers a, b, c, 

d, e and f be given. 

If = a,  = b,  = c, = d,  = e,  = f, then following nine different schemes of 

multiplicative triple Fibonacci sequences are as follows (Singh,et.al  [3]) : 
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First few terms of first scheme are as follows : 

 
Now we obtain some results of multiplicative triple Fibonacci sequences of second order for 

first and second schemes. 

 
Theorem 1.  For every integer n ≥ 0, 

 
 

Proof.  We prove the above result by induction method. 

(a) f For n=0, then L.H.S. =  =   = R.H.S. (By first scheme)  

Thus result is true for n=0. 

Let us assume that the result is true for some integer n = m. Then for n = m+1, 
 

 

L.H.S. = 

= 

= (By induction hypothesis) 

= R.H.S. 

Thus result is true for n = m+1. Hence by induction method the result is true for any positive integer 

n. 

Similar proofs can be given for remaining parts (b) and (c). 

 
Theorem 2. For every integer n ≥ 0, 

 
Proof.  It is easy to prove. 
 

Theorem 3. For every integer n ≥ 0, 

 
Proof.  We prove the above result by induction method. 

(a) For n=0,then L.H.S. =  =   = R.H.S. (By first scheme)  

Thus result is true for n=0. 

Let us assume that the result is true for some integer n = m. Then for n =m+1, 

L.H.S. = =  

= (By induction hypothesis) 

= = R.H.S. 

Thus result is true for n =m+1. Hence by induction method the result is true for any positive integer 

n. 

Similar proofs can be given for remaining parts (b) and (c). 
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Theorem 4. For every integer n ≥ 0, 

 

(a) (b)       

(c) 

 

Proof.  We prove the above result by induction method. 

(a) For n=0,then L.H.S. =  =   = R.H.S. (By first scheme)  

Thus result is true for n=0. 

Let us assume that the result is true for some integer n = m. Then for n = m+1, 

L.H.S. = =  

= (By induction hypothesis) 

= = L.H.S. 

Thus result is true for n =m+1. Hence by induction method the result is true for any positive integer 

n. 

Similar proofs can be given for remaining parts (b) and (c). 

 
Theorem 5.  For every integer n ≥ 0, 

(a) (b)      

(c) 

Proof.  It is easy to prove. 

 
Theorem 6.  For every integer n ≥ 0, 

(a)  

(b) 

(c) 

 

Proof.  We prove the above result by induction method. 

(a) For n=0,then L.H.S. =  =   = R.H.S. (By first Scheme)  

Thus result is true for n=0. 

Let us assume that the result is true for some integer n = m. Then for n =m+1, 

 
L.H.S. = 

= 

= (By induction hypothesis) 

= = L.H.S. 

Thus result is true for n =m+1. Hence by induction method the result is true for any positive integer 

n. Similar proofs can be given for remaining parts (b) and (c). 

 
Theorem 7.  For every integer n , p ≥ 0, ,  

(a) 

(b) 

(c) 

 

Proof.  We prove the above result by induction method. 

(a) For n=0,then         L.H.S. =                   = = R.H.S. (By first Scheme) 
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Thus result is true for n=0. 

Let us assume that the result is true for some integer n = m. Then for n = m+1,  

L.H.S. = 

= 

= (By induction hypothesis) 

= = R.H.S. 

 

Thus result is true for n =m+1. Hence by induction method the result is true for any positive integer 

n. 

Similar proofs can be given for remaining parts (b) and (c). 

 
Theorem 8. [3].For every integer n ≥ 0, 

 =    
Theorem 9.[3].  For every integer n ≥ 0, 

 =   
 
Theorem 10.  For every integer n ≥ 0, 

  = ,  

where , A =   B = 

Proof.  We know that 

 
 
 
 
 

Theorem 11.  For every integer n ≥ 0, 

(a)  =                   (b) = (c)  =  

Proof. L.H.S. = = (By first Scheme) 

= (By first Scheme) 

= = ( (By first Scheme) 

= = = R.H.S. (By first Scheme) 

Similar proofs can be given for remaining parts (b) and (c). 
 

Theorem 12. For every integer n ≥ 0, 

=  

(b)                        = 

(c)                       = 

Proof.  We prove the above result by induction method. 
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Thus result is true for n = m+1. Hence by induction method the result is true for any positive integer 

n. 

Similar proofs can be given for remaining parts (b) and (c). 

 
Theorem 13. For every integer n ≥ 0, 

(a)      = (b) = (c)   = 
 

Proof.  (a) L.H.S.  = = (By first scheme) 
 

= (By first scheme) =  = R.H.S. 

Similar proofs can be given for remaining parts (b) and (c). 
 

Theorem 14. For every integer n ≥ 0 

(a)   =                  (b) =              (c)   =   

 

Proof.  It is easy to prove. 

 

Theorem 15. For every integer n, p ≥ 0,  

(a)  = (b)  = 

(c) =   

 

Proof.  It is easy to prove. 

Conclusion: 

In this paper results obtained by Singh et.al [3] have been extended and some new results have 

been established. 
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